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TopologicalK-theory
Like above

,
but replace "modules over a rug"

with "modules over a space" = Vector bundles .

K(X) = k(πoVect(X)
=

) = Ko(Vect(x)

Pok : Swar's The => K(X) = Ko(C(X) (othe
so (uffixed X) top'l Kith

.
an example of algic K-th

.↳
what'sdifferent ? Let X vary ...

Bott Periodicity => X* K(X)

extends to a cohonology theory K*

=> represented by a ling) spectrum- So , i
Independent of X ! (



&: Are KU /or KO examples of K(R)

for some ring R ?

A : Not really , they're not connective-
-

--
-

Non-connective spectra can be thought of as

a sequence of comecture Spectra (D-loop space

related in a specified way.

&: Can Kel /or KO be thought of as

a sequence of KCRi)'s related in a specifed

way?

Ai kind of ! Maybe yes ... though I an

still searching for the best formulation.
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&: Can we enhance the construction to realize

[OKO,
with its ring structure

, from the perspective

of algebraic K-theory of Cliffor modules ?

① 1 : (Rezk , Mo) KO =D (VIK(moda()
1: (Holuhold-Stolzeicher) Defre (top'el category

D in the spirit of Quiller's s S .

M

j: free du'l (Ple-graded) Cli-models

mor : Wo &W,,
1 : Wo W

, (signchose e-

↓
& 2 = odd self-adj · operator o W

,
QWo

,
e = I(

↳) extrusion of WOW. to

a Cen+,
-module
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few reasonable
choices for what

goes here ,

but·
There are a

none are

functorial !

Thomason explans that there exists no

such fructor since the twist map

MOM MOM

16 not the Identify.

Back to alg .
K-the








